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Sagaqu 6

23 okTabpsa 2012 r.

KommakTHBIE TIPOCTPAHCTBA

[Iycts orobpaxkenue f : E — F sBIs€TCS HETPEPHIBHBIM OTOOpaXKEHUEM
M IyCTh HIpOCTpaHcTBO F KommakTHO. /loKa3aTh, 9TO HOAIPOCTPAHCTBO
f(F) C F xommakTro. (B3sro u3 [?], crp. 91, 3agaga 13.4).

JlokazaTh, 9TO €BKJINIOBO IPOCTPAHCTBO R™ He KOMITAKTHO.

IMokazark, uro moamuOKecTBO A C R™ KOMIOAKTHO TOT/IA U TOJBKO TOT/A,
A 3aMKHYTO M OrPaHHYEHO.

ITokazarb, 9TO B KOMIAKTHOM IIpocTpaHcTBe X jobas yObIBAIOIIAS IIO-
CJIEJIOBATENBHOCTD 3AMKHY THIX HEIYCTBIX MOAMHOKECTB { Fy, : F, D Fpi1}
o0
nMeer Hemycroe nepecedenue: (| Fy # (.
k=1
ITokaszars, uro ecau noaMHOXKeCTBO A C X KOMIakTHO, a X Xaycaopdogo,
1O A 3aMKHYTO.

IIycts A 1 B — KOMIAKTHBIE [IOJIMHOXKECTBA Xaycaop@oBa IPOCTPAHCTBA
X. Bepno 1, gyro mHO)KecTBO A U B kommakTHO? BepHo Jin, 910 MHOXKE-
crBo A N B kKoMakTHO?

[Tokazarp, 410 KOMIIAKTHOE XayCA0P¢OBO POCTPAHCTBO HOPMAJILHO.

Jokazare, uro mna moboro komnakra K C R™ cymecrsyer rmagkas Be-
mecTBeHHO3HAYHAA GyHKIMA f, Takad, uro K = f~1(0). (Bzaro u3 [?],
crp. 91, 3amaga 13.12).

CBSA3HOCTh M JIMHElHasi CBA3HOCTH. KOMIIOHEHTHI
CB4A3HOCTU.

163.

IMokazaTh, 9To MpocTpancTBO X HECBA3HO TOTJA W TOJIHKO TOTIA, KOTIA
CYIIECTBYET HEMPEPBIBHOE CIOPHEKTHBHOE OTOOPAKEHUST TIPOCTPAHCTBA X
Ha TucKpeTHoe msoeroune (HyabMmepHyio chepy S°).
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Pemenne.Ilycrs f : X—S® — HenpepblBHOE CIODPBEKTHBHOE OTOGDA-
xenme, SY = {—1,1}. Ognoroueunsie noxnpocrpancrea {—1}, {1} C S°
He TIePeceKkaroTCsd U OTKPBITHI (1 3aMKHYThI). [TockosbKy oroOpakenue f
HenpepbIBHO, To mpoobpasel f~1(—1) u f~1(1) HemycTsl, OTKPHITHI U He
nepecekatorcd, npudem X = f~1(—1) U f~1(1). 3naunT mpocrpanctso X
necs3no. O6parno, ecim X HECBIA3HO, TO OHO MPEJCTABUMO B BHJIE 00b-
€INHEHNUs] IBYX OTKPBITHIX moaMuokecTB X = A Ll B. Ilomoxum

-1, z€A;
f(x)—{ 1, zeB.

OueBuHO, 9TO OTOOpAXKeHVE [ HEMPEPHIBHO U CIOPBHEKTUBHO.

Cesa3HO M TPOCTPAHCTBO Q PAIMOHAIBHBIX YHCes (C TOMOJOTHEH, HHITY-
upoBaHHOi u3 R)?

CBA3HO JIM MPOCTPAHCTBO MPPAIMOHATIBHBIX YHCeN (C TOMOJOTHEH, HHTY-
uupoBanHoii u3 R)?

IMokaxutre, yro muoxkecTBO [0, 1] U (2, 3] HecBsA3HO B R.
[Tokazarh, 9TO 3aMBIKAHUE CBA3HOIO MHOKECTBA CBS3HO.

JokazaThb, 9T0 00beamHEHNE TI0O0T0 CeMEeHCTBA TMOMAPHO MePeCceKaIoNnX-
Csl CBSI3HBIX MHOYKECTB CBSI3HO.

Hokazars, uro orpesok I = [0; 1] cBs3en.
HoxkazknuTe, 910 mpocTpancTBo R™ cBsa3HO.

IIycrs X — cBasmoe mpocTpanctBo u f : —R mHenpepbiBHAas QYHKIHI.
Hokazarb, yro muoxkecrso f(X) aBisierca upomexxkyrkom B R (1.e. unrep-
BaJIOM, OTPE3KOM WJIU TIOJTy MHTEPBAJIOM ).

Jlokaxkure, 9T0 BCAKOE BBIILYKJIOE [OJIMHOXKeCTBO R™ CBA3HO.

Jlokaxkure, 4T0 OTKPBITOE [TOIMHOXKECTBO HPpAMOi R umeer cuérHoe 4ucsio
KOMTIOHEHT CBA3HOCTH.

Joxkazknute, 9T0 n-MepHas cdepa S™ cBa3HA.

JloKasKuTe, ITO eCJIH MPOCTPAHCTBO CHAOYKEHO CTPYKTYPOIi TPYTITIHI  YMHO-
JKeHre Ha JII000 3JIEMEHT DY SABJISIETCS HEMTPEPHIBHBIM OTOODAaYKEHHU-
€M, TO CBA3Hasd KOMIIOHEHTa eJUHUIIBI ABJIA€TCA HOPMAJIbHONR NOATPYIIION.

Pemtenne.llycts M — wkoMmmoHeHTa eauHUIBL. [T KayKI0# TOUYKM & €
M wuOXKeCTBO M CBA3HO W CONEPKUT TOUKY T = xe. Takum obpaszom,
mHOoxkKecTBa *M m M mepecekaiorcs, ciaemoBarenabno, M C M, 1. e. M
apaserca moarpymmnoi X. Jamee, misa Kaxkaoit Todku © € X MHOKECTBO
2~ Mzx cBsasno u comepxkutr enununy. Ciegosarensuo, Mz C M, rax
qar0 M — HOpMaJIbHAST TOATPYTITIA. I
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IMokazare, uto orpe3ok [0, 1] caszen.

Pemenne.Eciu 6b1 orpesok [0, 1] 6bL1 HECBS3€H, TO CyIIECTBOBAJIA Obl
wenpepoiHag ciopbexmusd [0, 1]—8°, aro nporusopednt Teopeme Bob-
HAHO O IPOMEKYTOYHOM 3HAYCHHU.

Paccvorpum mogMHOZKECTBO IJIOCKOCTH, ABJISIONIEECS 00bEeTMHEHNEM CITH-
pajn, 3aMMCAHHON ypAaBHEHNEM B HOJISIPHBIX KOODAUHATAX (T, @)

1
— 2
r=eltes, ¥ Z Oa
I OKpyxHOCTH 22 + y? = 1. SIBdeTcsa JU 9TO MHOMKECTBO CBI3HBIM?

CBs3HBI /iU CJIEAYIONIHE TTOAMHOXKECTBA MJIOCKOCTH:
1) cocraBiieHHOE U3 TOYEK, y KOTOPbIX 00€ KOOPJMHATHI PALMOHAJbHDI;

2) cocraBJIeHHOE U3 TOYEK, Y KOTOPBIX XOTs Obl OJIHA U3 KOODJIUHAT Palld-
OHAJIbHA;

3) cocTaB/IeHHOE W3 TOYEK, y KOTOPBIX JTU00 06e KOOPAMHATHI PAIIHOHAI b
HBI, 00 00€ — MPPaAIMOHAIBHBI!

IIycte X cBs3HOE mpocTpaHCTBO. BepHO /M, 9TO y KaKJI0H TOYKHA T €
HaWIeTCs CBI3HAS OKPECTHOCTD?

Jlokaxkure, 910 JII000 MHOTOYJIEH HEYETHON CTENeHU C BEIECTBEHHBIMU
KO3 purmenTamMmu 06,1a1a€T BEIMECTBEHHBIM KOPHEM.

IMokasarp, uro npocrpaucrsa I,R, S monapuo He romeoMopQHbL.

JokazknuTe, 9TO KBAJAPAT U OTPE30K HE TOMEOMOP(HBI



